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Recent analytical studies and particle-in-cell simulations suggest that the electron velocity distribution function of a Hall thruster plasma is non-Maxwellian and
anisotropic, resulting in many new properties of plasma in a Hall thruster. The
present paper describes a regime of the discharge in which relaxation oscillations appear in the sheath near the thruster walls. The relaxation oscillations are observed in
one-dimensional particle-in-cell simulations under the condition of intense turbulent
heating. In this regime, the plasma switches between a state with non-space charge
limited emission and a state with space charge limited emission. Transition to the
latter state occurs when the negative conductivity appears due to the modification
of the velocity distribution of the plasma bulk electrons.

Hall thrusters (HT), where plasma is maintained by an axial dc electric field crossed
with a radial stationary magnetic field, are devices for spacecraft propulsion.1 It is widely
acknowledged that plasma-wall interaction strongly affects the HT operation.2 Kinetic
simulations reveal that the plasma potential, the sheath structure, and the intensity
of plasma-wall interaction in HT are strongly affected by the non-Maxwellian electron
velocity distribution function (EVDF), which is formed due to the nearly collisionless
electron motion and intense secondary electron emission (SEE) from the walls.3,4 Practical
analytical formulas derived for wall fluxes, secondary electron fluxes, plasma parameters
and conductivity in Ref. 5 agree well with the results of numerical simulations.
The authors use one-dimensional particle-in-cell (PIC) code6 for simulation of Hall
thruster plasmas in plane geometry, as shown schematically in Fig. 1. PIC simulation
reveals a plasma-sheath instability manifesting itself as a rearrangement of the plasma
sheath near the thruster channel walls accompanied by a sudden change of many discharge
parameters. The instability develops when the sheath current as a function of the sheath
voltage is in the negative conductivity regime. The description of the instability is given
below.
Consider a PIC simulation of a thruster-like system carried out as follows. The constant simulation parameters are the distance between the walls H = 2.5 cm, the axial
electric field Ez = 200 V/cm, the magnetic field Bx = 100 Gauss, the neutral xenon atom
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FIG. 1: Schematic diagram of the Hall thruster model. The two dielectric walls represent the
coaxial ceramic channel of a Hall thruster.

density Na = 1012 cm−3 , and the turbulent collision frequency νt = 2.8 · 106 s−1 . Initially,
the plasma (xenon) has uniform density n0 = 1011 cm−3 and isotropic electron temperature Tex = Tey = Tez = 10 eV. The electron component has a drift in the y-direction
with the velocity Vdr . The simulation parameters are not chosen so as to reproduce some
regime of a real Hall thruster, but rather to investigate the plasma-wall interaction and
the regime of the sheath with SEE while under the condition of intense turbulent heating. In particular, the space-charge limited (SCL) SEE regime7 with γ > γcr (for xenon
plasma γcr = 0.983) and a non-monotonic potential profile in the sheath is expected.
In the simulation, the plasma becomes energetic and strongly anisotropic: hwy i =
53 eV, hwz i = 42 eV, hwx i = 4.2 eV, hwy,z i ≫ hwx i, where averaging h...i is done over
all particles. The SCL SEE regime is observed in the simulation, but it never establishes
as a stationary state. Instead, it is found that the system “switches” quasi-periodically
between the SCL and non-SCL regimes. The SCL state lasts for a short time, while
the non-SCL state lasts much longer (the width of the spikes in Fig. 2a is much smaller
than the intervals between the spikes). In the SCL state, the primary electron flux grows
abruptly and is several times higher than during the non-SCL state (see Fig. 2b) and the
plasma potential decreases (see Fig. 2c).
In the SCL state, the electron energy losses at the walls are significantly enhanced
compared to the non-SCL state, which strongly limits the electron energy. During the
non-SCL state, the plasma replenishes the lost energy via the Joule heating. The dependence of the average electron energy versus time shown in Fig. 2d has a sawtooth shape,
where the abrupt drops at the SCL state are followed by gradual increases during the
non-SCL state. Note that in the minima of the energy curve in Fig. 2d the energy is
still very high, hwimin > 96 eV, much higher than the critical electron temperature of
transition to the SCL regime for a Maxwellian xenon plasma for the SEE properties of the
chosen wall material, Tcr ≈ 18 eV. The matter is that the energy in Fig. 2d is obtained
by averaging over all electrons, while in RSO the periodic energy exchange occurs not
for the whole EVDF, but rather for a certain part of it. If the plasma potential in the
non-SCL state is Φp , and during the SCL state the potential drops by ∆Φ < Φp , then
the energy exchange will occur for particles with Φp − ∆Φ < wx < Φp .
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FIG. 2: Evolution of general plasma parameters with time in the RSO regime. (a) Total emission
coefficient γ at the wall x = L (red curve) and the threshold emission coefficient for the SCL
SEE (blue line). (b) Total primary electron flux Γ1 to the wall x = L. (c) Electrostatic potential
in the middle of the plasma Φp . (d) Average electron energy hwi.

FIG. 3: (a) The primary electron flux to the wall x = L during one RSO period, vertical lines A
and B mark the beginning (time tA ) and the end (time tB ) of the non-SCL state. (b) and (c) The
EVDF over vx and vz in the middle of the plasma 10 mm < x < 15 mm obtained at tA (b) and
tB (c). (d) The dependence hwz i(vx ) at tA (solid curve) and tB (dashed curve). Vertical lines
in (d) mark the electron confinement threshold eΦp . Graphs in (b), (c), and (d) are plotted in
energy coordinates, negative energy values correspond to propagation in the negative direction.

In Fig. 3(b) and (c), we represent the bulk plasma electron distribution function over
the x and z velocities in the midplane, f (vx , vy , H/2), obtained during the non-SCL stage
of one RSO period shown in Fig. 3(a). At the time tA marked by vertical line A in
Fig. 3(a), which is immediately after the end of the SCL stage, the EVDF has high-
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amplitude spikes created by numerous cold secondary electrons trapped by the restored
plasma potential, see Fig. 3(b). With time, these spikes disperse, because electrons (i)
suffer turbulent collisions (the anisotropic Joule heating), and (ii) are mixed in the phase
space x-vx by a weak two-stream instability8 . By the end of the non-SCL stage (time
tB ) marked by vertical line B in Fig. 3(a), the amplitude of the spikes in the EVDF
decreases by a factor of two, see Fig. 3(c). To give a quantitative characteristic of the
local EVDF modification, in Fig. 3d we plotted dependencies of mean energy in the xdirection hwz i(vx ) for the plasma trapped bulk electrons with wx < eΦp at times tA and
tB , in the discharge center x = H/2. The dashed curve hwz i(vx ) obtained at time tB is
clearly higher than the solid curve obtained at time tA in the region 10 eV < wx < 12.5 eV.
In other words, by the end of the non-SCL stage, the electrons with Φp − ∆Φ < wx < Φp
significantly increase their energy of motion parallel to the walls. This energy becomes
the source for the upcoming SCL stage.
It is interesting that although the emission coefficient γ gradually increases during the
non-SCL stage, the transition to the SCL stage with γ > γcr occurs in a jump-like manner
at the moment when γ is still below γcr . Such behavior is typical for unstable systems and
can be explained by the modification of the current-voltage characteristic of the sheath
related with the modification of the EVDF during the non-SCL stage described above.
Simulations were carried out using the Westgrid facilities in the University of British
Columbia.
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